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Loal 1| GHUNG MINH HAI DUGNG THANG SONG SONG

X ’ I*‘ ] Cho i dien ABCD. Goi M, N 1a trunL diém cia BC, ltD Lds

P thug¢c canh AB (P # A, P # B). Goil = PD N AN J = P(
N AM. P hf%

a. Chiang minh: 11/ CD. (0
: b Goi K thuoe canh CD. Tim (ABK) (AMN).

q{ 2 ' Cho ti diegn ABCD. Goi 1, J la trong tém cdc tan glac ABC, tan
| glac ABD. Chitng rinh: 1J /) CD

i'd“’] Cho hinh chép S.ABCD ddy ABCD 14 hinh thang, ddy lén AF
: L (AB > CD). Goi M, N la trung didm SA, SE.
- Chitng minh: MN // CD.
. b Tim P = SC N (ADN).
' ¢ Goil= AN n DP. Chitng minh: SI /| AB {/ CD.
d. Tim hinh tivh ¢ gide SABI.

?Klfi_l Cho hinh chép S.ABCD ddy 13 hinh binh hanh. Goi M, N, P, Q

lin hegt tren canh BC, SC, SD, AD sao cho MN // SB NP #'
CD, MQ /] CD. i

A Chlitag minh: PQ // SA.

b. Goi K = MN N PQ. Ching minh: SK /[ AD /[ BC.
¢. Qua Q dung Qx {f SC ; tim Qx N (SAR).

d- Qua Q dyng Qv // SB; tim Qy n (SCD).
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— TiM GIAO TUYEN (,UA HAL MAT PHANG LAN LT
CHUA HAI DUONG THANG SONG SONG

1 oii s — THIET DIEN QUA 1 DUING THANG MA DUGNG |
THANG DO SONG SONG V(I MOT PUONG THANG CHO
TRUCG

/}/ ' ] Cho Minh chép S.ABCD 6 day 14 hinh binh hanh. Goi [,
Ian Tugt 1a trung didm clia AB, AD, SA.

a. Tim (SHD) N (S1T). |

b. Lay M thudc doan SI sao cho SM = 2MI. Goi N = 81 n DI

Tim (CMN) N (ABCT).

|‘! I Cho tif dien ABCD. Got M, N & trang didm cia AC, H(_ Loyt
thuoe canh BD (P # B, l’ = 1
a. Tim (MNP) 0 (ABD).
b Gol Q= AD N (MNP). Khi ndo MNFC) la hinh Binh hanh
c. Gidsir]l = MQ N NP. Thn (MNP) N [ABI).

’T*l Cho Winh chép 8. ABCD ddy Ja hiuh thang véi cdc conh i
AD = a, BC = b. Goi [, J 1 trong tam cia tam giic '.‘u' AD, Lt |

glac SBC. r E

a. Tho do dii doan giao tuyén cia mp (ADI) vai ruz‘nl EHRL‘)
hinh chdp. |

b. Tim do dai doan giao tuyén cha mp (B(,I) vdi mat (SAI?} H, v
hinh (th- | Mot e

8* | Cho Kin chdp S. ABCD ddy lé hinh binh himh AECD (mt o
A ”U"E tam cna tarn gidc SAD. | -

a. T (GBC) 0 (SAD) i

. Thin hmh tmll thiét dien ciia lilnh chép S. ABCD ﬂ mpi { '

[_j Cho hinh chép §. ABCD didy I.’a h‘mh vuﬁng canh a sao



- gidc SAB ddu, SC = 8D = a3/ GorH, K 14 trung diém cia SA,
SB va M la'mot diém trén canh' AD.
Tim thiét dien MHEKN ctia hinh chdp va mp (MH]{)
| Tim binh tinh thiét dign MHKN
c. Dat AM = x (0 < x € a). Tinh dign tich thiét didu MHKN theq
a v x. Tinh x dé dién tich nay nho nhat.
d Tim tap hop giac didm cia HM va KN, ciia HN va KM.

e. Qua D dung Dx [/ §C. Tim [ = Dx N (SAB) ('hu’ng minh Al /]

S
£ Tun thiét dien ¢tia hinh chép 8.ABCD va mp (A[(‘)

Loai 3 100 cun 2 fJUO'NG THANG THONG KHONG GlAM

" 1 10"’ ] Cho t11 dien déen ABCD canh a. {anl J K lan luot 1a trung
diém cia BC, CA, AD. |
A Tim hinh tink ¢na tam gidc IJK.
b, Chitng minh: AB L CD. il

[1 1.] Cho tit diégn ABCD. Goi1 1, J, K} L lan llr(;fi la Iltmg d|ém clia

L R0 N DA DB ¢ i
a. Clutng minh tang néu AB L CD thi IJKL la hmh chit nhat

b, Ching winh rang néu AB = CD thi TK o JI |

\ 12 .| Cho ¢ dien ABCD. Goi M, N 13 trung digm tlh:l- BL AD, biét
AB = CD = Za, MN = a\/'i ‘Tinh goc cila AB' va CD. ! _

\ ;1_@:_5__] ~ BUoNG THANG SONG 500G vc’ﬁi mM mﬁim &
T \CHUMG MINH DUUNG THAMG ‘:ONG SOMG Vf)'l MAT

PHANG

[1%.] Cho ik chép S. ABL,D da.y 1A hmh b‘mh ha.nh ABCD t.a.m 9
Gioi M, N 13 trung diém cia AB, AD. ' Goi If 3 ‘thugc doan SM

|||'1¢
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a. Ching manh: MN /7 (S13D) |

b, Clabng minh: L1 /7 (S130) Ii

¢. Chimg wminhe SC /7 (11O) |

l‘H:l C('ho hat hinh binh hanh ABCLD vh ABBEI khong dong phing o

tam Wiu lugt 13 O v O |

a. Chitng minh QO /f (ADF) va OO’ J/ (BCE). ".

B e ;o AN BN ! :

b, Goir M, N & har diéan thoa: e g Chitong manh: IVIN |

/] (DIF).

|.1* l Cho tt dien ABCD. Goi 1, 1 la trung didm cia BC, BD. Goi M, |
NN toung didm cda AL CJ0 Chidng minh: MN // {M D)%

|II Cho Woh chdp 8. ABCD ¢ day ABCD 13 hinh binh hanh. G
M, N 1A toung dido AB, CD.
a. Clatng minh MN // (SBC), MN // (5AD)
b. Goi P 1A trung didim cia SA. Chiing minh 8B /f (MNP), 5¢ // ?
(MNF) i
¢. Goi 3 1A trong tam tam gide SBC, 1 thuge doan B sao rhr- 1 I l {

l ' *‘I. | j-:. ’
lil) Chitng minh G1 // (SAB). | i

TV GIAO TUYEN GUA 2 MAT PHANG SONG SOIIG .,
HAY GHUA MOT DUONG THANG CHO TRUOC
Loai © | THIET DIEN SONG SONG V(i 1 DUUNG T
HOAG LA SONG SONG V(I 2 DUONG THAN&*Q
NHAU CHO TRUCC | Bhe

s —

a. Chitng minh SA // (CMN)
b. Tim (CMN) 0 (SAC)

l Cho ¢ dien 8. ABC. Goi M, N la trung didm tEl?lﬂ; ﬁﬁpt "
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Jti | Cho tit dien ABCD, AE la trung tuyén cla tam giac ACD vy 1
thudc doan AE. Mat phang « qua BI va 30“3 SONg v{n CD Al
AC tar M va AD tail N. e Wt &
a. Chitng minh MN // CD LN 1
b. Tim (BMN) N (BC D)

w:[ Lhu hinh chép S. ABCD ddy la hinh, lhang ch da.j' lq‘n lé;, AD
Goi M. N la trung diém cia AB, GD. Goi P t.huﬁg' canh SD (P

_ #S,P #£D)
a. C ]nrng mitth: MN //:(SAD).

Tim (MNP) n (SAD).
Tim hinh tinh thiét dién ¢ia binh chép 5 ABCD va. mnp (MNP)

Ll, Goi1 = AB n CD. Chiing minh rang néu SI // (MNP) thi thiét

I | e, dien & trén 1[1 hinh binh ha.nh

@ Q Fﬂ' ho hinh chop 5. ABCD. Go1 M, N thuc‘;ﬁc L:’;!.Ilh AB, CD. Go a
| 1a mit phing qua MN va  d f/-SA oy o .l
a. Tim o N (SAB),! an (SAC) ;. ¢ th s Fpsn gt

. b. Tim thidt dién cia hinh chdp va « . FLimE

' Tin digo kién ¢ia MN dé 1hiét dién la hinh thang.

ﬂ | Cho hinh chép S. ABCD. Goi E'=ABN CD; F = AD ﬂ BC Gol 4
a ha, mat philng cét cac canh SA, SB, SC SD l'an luqt tai AL

("1? D] : : .‘

Q Lhung mmh rang néu S /; a 1.h1 A’B c*D’ I hmh thang. . '
b, Chitng minh ring néu S‘L‘ {f « va SF I cr th} A’B c'D’ 15.._-'_.[

binh hanh. ah ;1' AR
o 8NP S s

F1~

10*.] Cho 0t dien ABCD <8 AB=AC=CD=a 2 va AB 1 G
M thude canh AC véi AM 2 x (O < x < a) Mat bhé&s
M va song song vdi AB, CD ¢4l BC BD"HAD Iin lucrt ﬁ;

X ttil

1
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a. Chitng minh: MNPQ 14 kinh chit nhat.
b, Tinh dién tich MNPQ theo a va x.

- Dinh x dé dign tich MNPQ 1dn nhat. | : - !.
d Dinh x dé MNF Q la hinh vuoug. |

EEEE—_ U

anh AD L:Ly diém M 161 AM = X (O < X< ;Ja] ]\131; ph;mg} "
gna M va song song vdi SA va CD cdt BC, SC, §D in hiot tai
', B9 we |
a. Chitng minh MNPQ la hinh thang vuong.
b. Tinh dién tich hinh thang MNPQ theo a va x.

|12J Cho hinh chdp 5. ABCD ¢6 day 1a hinh thang (AD // Bg) v
AB=BC=a, AD ='2a, SB L AD va SB = b. Liy M thudc canh

ABvdi AM = x (O < x < a). Mat phang a qua M va song song
véi SB, AD, cit CD, SD, SA lan lugt ta1 N, P. Q.

a. (‘hu’ng minh MNPQ [& hinh thang vuong.
. Tinh dién tich MNPQ thea a, b, x.

C. Dmh x dé dien Lich MNPQ ldn nhat. Tinh gm. bri ldn nha',f rln

Loai 3 | TOAN Téut‘ Hop

¥ |

[13%.| Cho tit dien ABCD c6 AB = CD'='a. Goil, LK tjg. 8
diém clia BC, CA, BD. -
a. Chitng minh 1J // (ABD), 1K [/ (ACD)
b. Tim (ACK) N (AD1)
¢. Goil, = AD n (1JK). T binh tinh tid gide 1JJLIC

d. Cho Il = 53-1\5/: Tinh dien tich ULK

14 Cho it dien ABCD <6 cdc canh AB = a, BC = b
M thugc canh BC véi BM = x. Goi a 13 mat pizsng



|
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song song vo1 AB, CD. Gid sitr o c&t BD, DA, AC tai N, P, Q
a. Tim hinh tinh (hiét dién MNPQ. i

b, Dinh x dé dién tich MNPQ lén nhét
! l_"i*!ﬁ(ll_m t1f dien deu ABCD canh a. Goi M 1a didm tren BC thoa
]3“[ > F- 1 _l & ey i b [
el K (0 < K <1). Mat phdng a qua M va song song vdi
AB, CD, c&t BD, AD, ACtai N, P, Q.
a. Thm hinh tinh thiét dien MNPQ
b. Tim dien tich MNPQ theo a, k.
¢. Dinh k dé dién tich MNPQ Idn nhat. Tinh gia tr) Idn nhat do.
Khi dé tim hinh tinh MNPQ. - : _' |

' {J}E] Cho tit dién ABCD, ggﬁ M 14 diém di dong trén canh AC. Qua

M dyng mp a song song vdi AB va CD, cdt BC, BD, AD liin
lugt tai N, F, Q. _ | A .

a. Chng minh MNPQ L& linh binh hanh.

h. Goi O = NQ n MP. Tim tip hep diém O khi M di ddng tren
canh AC. | b b3 P

'c. Cho AB 1 €D, AB = a, BC;= CD ='h; CA = ¢, CM =x
(0 < x < c). Tinh dién tich S cia MNPQ theo a, b, ¢ va x. Tim
vi trf cia M tren canh AC dé § l¢n nhat.

!

' il
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| pai 5 | ~ nALmAT PHANG sonG sonc

’ﬁ.;.Ti] CHUNG MINH HAI MAT PHANG SONG SONG

s | r—

_____ :'l ta
b AB(’ AGCD;, AED L‘hu"g minh rang ((fufmf}a)// (B:D;m

“"_‘d Cho hinh Lhop S ABCD day 1a hinh binh hianh tam O Goi M.
N, P lan lugt 1a trung didm cia SA, SB, SD.

a. Chitng minh: (OMN) // (SCD)

b. Chitng mink: (PMN) // (ABCD)

c. Goi K, I Iin lugt 1a trung didm cda BC, OM. Chli'ng minh rdng.
I\I // (SCD). ; i

_ Cho 2 hinh vuung:, ABCD va ABEF khong ciing ndm trong mol
/ mat phdng. Tren cic dudng chéo AC va BF ldn hrgt 1ay cic
diém M, N sao cho AM = BN # 0. Cdc duong thang song song

vl AB ve tie M, N Lin hfgt cét AD, AF tai M', N, 4

a. Chitng minh (CBE) // (ADF)

b. Chitng minh (DEF) // (MNN'M')

¢. Khi M, N di dong tren cdac duong chéo AC, BF. Ching rumh
Jnodn song song, vdi mot mit ph«’lng :;6 dinh. |

r‘i] Cho hinh chép S. ABCD ddy la hmh binh hanh tam 0 b
N lan lwgt 1a trung didm cia SA, CD g

a. Chullg minh (OMN) // (SBC)
b. Goi I 1A trung diém cia 5D, J 13 mot diém thuﬂr i

" cdch dbu AB va CD. Ching minh L1 /f (SAB).
¢. Gia st hai tam gidc SAD va ABG can tai A M :
gidc trong clia cdc tam glac ACD ca SAB. U

(SAD). LA

R i, et Al g b
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-

5.] Cho hinh chép S, ABCD cd_ ddy 1& hinh binh hanh. Got H, 1. K
lan lugt [a trung didm cia SA, SB, SC. 3

a t_‘hl'rny minh (HIK) // (ABCD).
b. Goa M = Al N DK, N = DH N CI. Cliing lrnnh (SMN) // (HTK)
8. ! Cho hai dudng thang chéo nhau a v b

a. Gol o la mat phdng chita a va song song vdi b, 8 la mat phdng
chita b va song song vdi a. Ching minh a > 5

b Goi M va N la hai diém di dgng lan lugt Iu‘*u a va b,

Tim tap
hop trung diém T cia doan MN..

¢. (ha sit MN luén luon song song vd‘l motl mat phﬁug O d;nh P
Tim tap hgp cia didm 1.

7.1 Cho hai nita duong thing Ax va By chéo nhan. Hm diém M va
N lin lrot di dong tren Ax va By sao cho AM = BN.

a. Ching minh rang dudng thang MN luon song song vdi mot mat
phédng co dinh.

b Thn tap hop trung didm 1 clia. doan MN khi M, N di dong.

‘). | Cho tit dien ABCD ¢6 AB = AC = AD. (‘hu’ng minh rc’:.ng cac

Jutong phan gidc ngoal cia cac goc BAC, CAD, DAB dong
phdng. ‘

[Loni 2] — TIM GIAQ TUYEN CUA 2 MAT PHANG DUA VAO BINH LY
" VE PHUONG GIAO TUYEN DANG 4.

—- THIET DIEN CAT BUI MOT MAT PHANG SONG SQNG, vaI MOT
MAT PHANG CHO TRUGC.

£ } Cho hai tat phdng song song a va. @ . Tmng o cho tam 3155
ABC vitrong A cho doan thdng MN.
a. Tim (MAB)N B ‘

b. Tim (NAC) N f

T

i e el £
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c. Tim (MAB) N (NAC) ;
Ll(rl_-_] Cho hai tam gia"i:' ABC vA DEF Iin lqurt. & tren hai mat phdn
a vh [ song song. &
a. Tim (AEF) N a
b. Tim (DBC) N B
c. Tim (AEF) n (DBC)
Ei—ﬂ Cho binh binh hanh ABCD. Dung bdn mia dudng thing Ax |
By, Cz, Dt song song cing chiéu va khong ndm trong (AH("-D]I_
Mot mat phdng a cit bdn nita duong thang tien lan lugt tai |
ALR O ‘ '
a. Ching minh (Ax, By) [/ (Cz, Dt) va (Ax, Dt) [/ (By, Cz).
b. Tim (Ax, Cz) N (By, Dt). . .
c. Ching minh A'B’C'D’ 14 hinh binh hanh.
d. Chiéng minh: AA’ + CC’' = BB’ + DD’ 1
(*12.] Cho Kinh chép S. ABCD ddy 13 hinh binh hanh véi AB = a,
AD = 2a. Mat SAB la tam gidc vudng can tai A: Trén canh AD ,l

ldy didm M vdi AM = x (U < x < Za). Mat phing « qua M va
song song vdi (SAB) cat BC, 5C, SD lan lugt, tai N, P, Q. |
a. Xdc dinh mat phdng a . L5
b. Tim thiét dien ctia hink chdp va a .
¢. Tim hinh tinh cia thiét dien. | _
d. Tinh dién tich § ciia thiét dien theo a va x. ._
e. Tim tap hop giao diém I cia MQ va NP khi x bién thien
khodng (0,2a). L i

t"_l_?:] Cho hinh chdp S. ABCD ddy la hinh_b}ﬂ.h_'}t’ﬁﬁ&; :
E 13 trung diém cia SB. Tam giac ACE deu va /
Mat phdng o di dong qua diém I thuoe doan Ol
véi (ACE) cAt AD, CD, SC, SB, SA lan lugt tal !

I
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a. Thm hinh tinh tam giac P R e
b. Tim tap hop glao (]i:‘ll;‘l li E‘::i :;["-‘:":U;:l:'{[\ldNT‘H.' \
ab. : a IVIE" va kha 1 dh thlrlng tren doan

¢, _H“h ditn tich S cia da giac MNPQR theo a va x = DI

d Tinh x dé S lén nhat. .

‘H] Cho hinh chdp S. ABCD day 14 hinh binh hanh tan O cd AC
= a, BD = b. Tam gidc SBD 1A tam gidc den. Trén doan AC
ldy didm Lvdi Al =x (0 <x< a). Mat phdng « qua Iva sn‘n:g
song vai (SBD).

1 Tim thiét dien ciia hinh chop va o .
b, Tinh dign tich S cta thiét dign theo a, b va x.

5 hinh chit nhat vdi AB = a, AD

i SAD vuong tai A. Ldy

(0 < x < 2a).

i (SCD).

!| i I_!'i._] Cho hinh chép S. ABCD day |

= 2a, SA = Za. Céc Lam glac SAC

didm M thuoc canh AD vdi ﬁNl: = X

Mat phidng « gua M v song song v

4. Thim thiét dién ciiahinh chdp va a.
b Tin hinh tinh cia thiét daén.

¢. Tinh dien tich § cua thiét dien theo a va X.

i Tinh x dé S 1dn nhat vh tim gid tr 16n nhét da.

116. 1 Che hink chép S. ABCD day 1a hinh yuong canh a. Lrén canh
T AB ldy diém M vé AM = x (0 < X < a). Mat phéng . a qua M
vi song song v (SAD) c4t.SB, SC, CD ilﬁ_ﬁ{g‘]}rq% tai N, P, Q- .
it giae MNPQ. e it
L MN va PQ khi M vach doan AB. -
. Tiith dien tich  cia
til Al R ;

+ Thim hinh tinh

b, Tim tap hop g1ao didm 1 ¢l |

« Cho tam gidc SAD vuong tai A va SA =

MNPQ theo a va X. S S i P

- Y g i | i
d. Tinh xde8 = 37 TRAL O B i




