-

| Baitap: i
Bai 1. Tim tdp xdc dinh va tap g

2x J
a/ vy =sin| —
: [r—l

d/ y= \/’I —cos? x

g/ vy = col (x + EJ
' 3

Bai 2. Tim gi4 tri 16n nhat, gid tri

al y= 25in[x+£)+l
4

d/ y = 4sin” x —4sin x+3

g/ y =sinx + cosx

al y =sin2x
d/ y =tanx + cotx
sin x —tan x
gly =—
SIn x 4+ cot x

Baid. Tim chu k¥ ciia ham sd-

al y=sin2x

d/ y= sin 2x+c05—;~

g/ y =2sinx. cos3x

DS: al n. blé6n. o =,

d/ 4n. e/ n.

J -
4 tri ciia cdc ham sO sau:

b/ y = Vsinx

1
e/ y=
" yJsinx+1
sin x
h/ y=
cos(x—m)

nhd nhat cia ham so:

b/ y=2yJcosx+1-3

e/ y=cos’ x+2sinx+2

h/ y=+v3sin2x-cos2x
Bai3. Xéttinh chin - 1é ciia him s6;

b/ y=2sinx + 3

e/ y= sin’x
Wy = cos’ x+1
sin® x
b/ y = cos~
* 3

e/ y =tanx+cot3x

h y= cos” 4x

_y-g...'

¢/ y=+v2-sinx

£/-y.o=tan]| ¥~

b k0
" tanx—1

¢/ y=+sinx

4

f/ y=sin x-2co0s” x+1

i/ y=sinx++y3cosx+3
¢/ y = sinx + COSX

f/ y = sinx.cosx

i/ y=tan|a

cfy=5in21.

ff y= CDSE—SmE

/'y =tan(-3x + 1)
T el

Sinx| |

sing |

SN x = |

SIN x = -

2. Phudng tri
al cosx =,

COsSx =
COsSx =,

b/

¢/ cosu = -

d:‘r COSU = &

e/ cosu= -

| Céc trudng hg,

cosx =

cosx =1

cosx =1

3. Phudng trin
a/ tanx = (a

b/ tanx = a

¢/ tanu = -

d/ tanu = co

e/ tanu= —¢C

Cac triidng hop

tanx = 0 «




Chrong VI: LUQNG GIAC
§1. GOC VA CUNG LUQNG GIAC

 KIEN THUC CAN NHO:

S ———

J{ 0 A =-1I— ? Y
- vi do géc va cung: | = (rad) fpadin [liﬂl

f;JM.‘l’l - Cung tron ¢6 s6 do @ rad, ban kinh R thi 46 dai
cung tron la £ =R.a |
56 do gbc luong gide \a cung lhromg gide:.
4:0x, Oy) =a’ +k360° (keZ)  Sd(Ox,Oy) = a+ k2n{keZ)

CAAB =a + k360° (REZ} Sd AB = o+ k2n (keZ)

Y
¥
& r

=r~;- gAI TAP REN LUYEN:

- a) DOl sé n;z radtan cac cung c6 sO bing dd sau:

___'__.....:.. - =) 0
1357 i 45 13 2@30
b) DOi sang ch cac cung co 5o do bang radian sau
n ol P
A -‘F__E BR L
3 3 n
h{? '!]“.L bl:..-. ﬂil[

Bai 2 Tim goc lwong giae (Ou Ov) 0 s6 do duong n

g g giac (Ou, OV) ¢6 s0 do:

‘.__.\\Ilh. I.Li% i
!'i*

a) 90" b) 1000° ¢) E%E | ) i

Bai 3: Trén dudmg tron luom g giac tim cac diém (cdc ngon cung) cua cdc

cung lrgng gidc €0 s do sau:
n p| 4 0 T 27 : 0
1) —+K— 2) k60 1) ——+k— 4)X72
.- 4 ) ” ) 2 3 B
Bii 4: Tim d dai cua mot cung tron c6 so do bang d6 1a 250, biet durong
(ron ¢6 bén kinh bang 5.
an kinh bang 4cm. Tim s

46 dai 10cm.

s O £ 5 A 1 N
Bai 3. Trén duong tron co bé S:d0.phog 49 €15 I8

& tim chdn cung tron €O
In"lﬂ

hé vach duge mQt cung

hat ciia mot dong
phut la bao nhiéu?

hiéu dai cua kim
0.000km, hoi ban kint

H {j Sau 3 gi-‘?‘! mil kim P

cd 46 dai 20m, hot ¢
_‘1'1 t!'.'-li

1 i

["'*l- 7. L'*i-..,q. 5,_51., U..J.j LUJ Vi 'l l; l‘;l'lﬂ 111\"‘-.-” la "1'

12 bao nhity km” .
. A e Figt 1 ___________,._._—-———’,__-—--""_'-'____-F-_’-__
»235<4

=il




| BALTAP REN LUYEN: . BAISO 10-1iK2

Rai 10 Tinh céc gia tr) ham sO luong gide con i bisi:

. n
:1!5!ﬂ!=’5;5{x{1; b)CDSTE_%;ﬂﬂxc%
1":“‘_‘3'}2‘”‘{2‘ d) cotx =2 - |
Y7 =R <X <0
Bai 2:a) Cho LDS\‘--E Tinh A = 20X +cotx
ey 5 tan X ~ ¢ot x
2

bYChocotx=-2, Tinh B =

3 z 5 - -
sin® X =3sin x cos X + 2cos’ x
¢) Cho tana + cota = 3. Tinh:

-

C;/@ana-rw L‘.L"‘-l'.:! CIJ’ |lﬂl'lil - CDlﬂl Cy Tﬂl".!a + CCH]&
d) Cho sina + cosa = m , hdy tinh theo m:

PO S I | .88
$ina.cosa dy/ {sina - cosal dy/ sin"a-cos a

Bai 3

-

Chimg minh rd
- . 2
a) sin " x--co8 x=1-2¢c08" X
4 ' e 4
b) sin*x+cos  x=1-2sin" xcos" x

3% ¢ 2
¢) sin' x +cos® x =1-3sin® xcos® x

|

2 2
kﬂ COt" X=CcOo8" x = COtz XCO§ X

l-cosx sin x
'L‘} R =
Sin X l+cosx
0 tana ~sina _ i
sin” @ msa(l+cusa)
. 2
SIn” X =¢ s‘x+cos X 4
o : co ; . = 1g
Cos“ x —sin” x +8In X ;
h) 111.:1"'3_ l +Ct1ta_r_,un3+:,113

i

- 2
R siNna.cosa cos™ a

m—
P

e ———————-



P il
(sinx +COS X/ _wv-*"t:m.

' § __,._,--—

\.‘1.'1.‘ Y -—Sin .y bR L
Sreyme 1
:! +8ind i Sl'na/ 2 4{'-1f'3’?
\ : il i e Akl &

<o e
+ (xcosa+ ysina) = 1%+

2
[+8Sin a4 L
== ————— --':ll"— = { - -y -
. =
[-sin" @
Bai4: Ru! gon cac igu (de 584,
...._'..:.-L---—- L=
cosx.lan2x : JiEs :
B eier st d. %4 8 |5 COL.]
S 2=
¥ " = : 5 2
.“"_._E-" -~ M ‘31‘:‘ ]1:'__ } ,\,K:i"'_' EOS x)
gl 2
Lo=ySina+8inl. Aces d :
) == ---""?—- - e
81 X 514 Y o
3 ‘.; - .'r v i & : o 4 1-.‘ % -. : ) g = ' A
Bai 3 Chimg mink ring cac bieu thirc sau khdng phu
-
e .i.: ':-...‘t. ‘-"1 ™
:. i 14 - = e —— + el - g
an x =1 COlLX— |

{8 : . ] : 3 g 3

% ¥ — iF a - ] S $ £ &

O) b= s8n" xtan”" x +4s5in° x~tan" x+ 3cos" x

| e ————— e L T S VO s b v S

e ey lr 3 4 i L i
C) C=+sin” x+4cos x4 v/ c0s” 451“

L X ~COS _:.'-r-ﬁ_:.,'{.;]“ t+4cos’ x+4% m

L_:' l S 0Og i % _._:_,1"_
COS' X + 2sin XCOs x+35mx t+smx

1y o A - J
r T - e '1‘ T "'l\.}'-ﬁ i {
i i - e ;
-_. r g 4 S
Sin" X +cos” 1
LR s
%
tan® : ’ ]
i - -"]l._'-'| Y i § = - -
- i T ._ v L &
3 - — e —— T AR—




oo, by 3 53
83 . GIA TRI LUQONG GIAC CUA CAC GOC CA(;SS;;:“-

QUAN BAC BIET
A KIEN THUC CAN NHO:

|. Hai_goc doi nhau:
sin(—&) = —SInQ
cos(—a) = cosck

2. Hal'gée b nhau:
sin(7 - a) = sina
cos(® - @) = —cosa
tan(n - @) = tana
cot(m ~ ) = —cota

3 Hai géc phu nhau 4. Hai géc hon kém nhau 7
pi : — .
sin{ — - @) = COSQ. sin(m + a) = -sina
2 cos(® + o) = -cosu
ol TN tan(n + o) = tana
COS{ — — () = SN
2 cot(n + @) = cota

cot(— - &) = tana

i

”;Hu TAP REN LUYEN:

il S -—-.....--\_--\—II

e —— i ——

Bii 1: Khong sir dung may tinh, hay tinh:
2) sin315%: cos930°; tan 403" ; sinl 140"
b) B = -'_‘{_154455: —CUS{?-#S +tan1035“-—col(-—1500°)

sin(~234°) - cos 216

¢)C= ___ tan36°

sin 144" ~Lﬂ$210 s

2 2| | a2 51t .t

sin - sin’ 6 -sin” l}+'t5.m 5 8 18
¢) E = c0s20° +cos 40’ +cos 60° +..+cos160° +cos180°

(2
2 \ 4 | (L
L) i e g = |

cos| 22~ x Hﬁn:-:'.r AT,

\ 10 ot . 2
i e i



- 4 i 7 0 Ry g '0' J
g) G = sinle“ + sin?20° + sin"30" + .. e 180_.. s

M.Hﬂ_sim( ~234%)~ 005216 tan36
sml44 —wsl’»‘ﬁ

_233° st 730
) I=- cos( ) }anlS
tan(—lfi?. )51n108

l 25in2550° coa( 188°)
+
tan 368" 2 cos 638" +¢0398°

P

33i 2: Rit gon cdc biéu thic:

A= cos(a - 1;-) +cos(Sm—a)+cos(In -a) +cos(2008n-a) -

5} 4 o 3n Wi, e
B=cos| —-al-sin|] —=—a |+cos|la-—|—sinl a=—=1
: 2_ 2 gy ’ 2 \ s

. ' o3 ‘ ' 3 1
¢ ‘“'*‘5i3‘13“)*51ﬂl“7+a +tan{3+a}cot(l{—a‘}
; \ /

B4l 3: Chimg minh cédc ding thire trong tam gléc

a) cos(B +C) = —cosA _ b) Sln-ﬁ it B;C b
JA+B+C :
C) CO§ —— 2'——'— = ~SInA d) cos 2A+B+C _
Y A 4+ - C‘
-€) tan 2t 3k | _.
¢ oy cnt-z-__ . ) cot2(A + B) + cﬂtz_

LY



@M

© CONGT U'C CON

T
Cﬂt
B:?ul Tinh: smlS LﬂbiUS tan?S 5

: 0. 5 =£
Bai2: Tinhgoc(a b) biét: 900 <a,b <180 ,tang:._.}

os1s? + Lsin1s°
Bai 3: Tinh: A= 590513 + 5 P LA
2 ; : 2 2 e
B = (C{}ﬁa + COS b)d +{51113 +_S‘l'l.'l.?t‘)). V‘j’l ﬁ

Bai 4: Chimg minh rang : 0
a) sin (45"" + x) -sin(45° -—x) = ﬁsmx

m
) lf_@___, Lan[x +-—-)
l-tanx 4 )

C) mﬂahowmvrﬂmi x+
\

L..t::]

x___..f"
P!
=
.q-:,
—
<51
, 5
¢
-—
ﬂ"

ina +sinbeos{a +b] i
d) E'__*____,‘*__*_}______{ = tan{a+ b}

cosa —sinbsin(a+b)

©® CONG THUC NHAN:
Bai 1: Cho sina =

i
-1- g <a<n. Tinhcos2a;sin2a , ,COS =5
32 27
i @ i a
Bai 2: Cho tana = ——-{.Tmh tan2a; tan-j-

R a LR
Bai 3: Cho mn—i: t. Tinh sina ; cosa ; tana theo t

Bai 4: Ratgon: A = sin = cos = cos =
| 8 4
B=cosxcos2xcos4x cos8Sx

o 4[sinacas‘ a msin]aausa)

4 x
cos’ 2a-sin* 2a



e e e e S DAL SO 10111
Raj §: Chung minh rang: S010-HKY

\ 4 - o -I..‘,1
a) sin3a=J851nd~%8in a

3 3
cosla=4cos8 a—3cosa

1
b) LDT.’(*'CCH;.‘*{—-—--——
S;n"x
| +Sin2X +€052x
C) oo e = (0ol X
| +sin2Xx —cos 2X :
=, SR 2.1 sinda
d) cos’asina=$in" acosa = ———
4
5 2sin2a-—-sinda
e) tan’ 3 =~
| 2sin 2a +5in4a
s 4 | 3
{) 5;111x1uu5 X = —C0s4X + —
4 4
3 5

g) sin” %+ cos® x

~ COS4X +—
g

> CONG THUC BIEN DOI:
Bai 1: Bién doi thanh tich:
a) cOSX +C0S2X +Co83X + co54X
b) sin X +sin 2X +sin 3
¢) 1+sinx
d) 1-cos2x +sin3x —sinx

Bai 2: Bién doi thanh tong:

a) 2::051(:{ —E]
_ 4

b) sin® xcos3x
¢) sin X cos2xcos 3xX

.27 2 4r 67
d) sin -—(cush—{r- +COS —— +cnq-+—]
T\

T4 g
Bai 3. Chirng minh rﬁing: ‘ 0
e) sin6asin4a—sin15asin13a+sin 19asinoa =
r 4 271 0
f) COSX +COS| X = = | +€0S X )
& Tag Wil g % CO8 2
£) cos -J-‘Hf-uq.; ]f + S1n Bini—— = COS R~ i




h) sinSK X O R

s12° +cos 18’ - 4cos15° cos 21° cos 24° JES.

i) cO

Bai 4: Tinh:
J) A #CDS36 --511'118
k) B= —4sin ?0

sin 10"
) C= = cos12°cos 24" cos48° c0584

i 2 sinzzsin“}r
m) D =sin o sin 24 54

24
E=ta 3 + tan — x
ol Bdlonir Qwial T
o8, e Tn

n |
0) F=cos—+¢0S— +C0S—= 5
9 9 9 5

2% 4 67
G—cos~+ﬁoa-—-—+cos—-——
P) 7 Y

J'

a) cosA+cosB+cosC --1+451nﬁsm§sm-c— -._;;f__
2 2 2
b) sinA+sinB+sinC=4cos€'—ccs§cos% il

Bai §: Cho tarn giac ABC. Chimg minh ring:

¢) sin2A +sin2B+sin 2C =4sinAsinBsinC
d) cos2A +cos2B +cos2C = ~1 - 4cos A cos Beos|
¢) tanA+tanB+tanC =tan Atan BtanC
f) tanﬁtanEHanEtanEHanEtanﬁ'-"-l
R F R 2 p AR
Bai 6: Nhin.dang tam gidc ABC biét:
a) sinA=cosB+cosC
b) sinA =2sinBcosC

¢) acesB-bcosA=asinA-bsinB
b’ +¢t =a!
EI“A+:~1HB+SEHC*1+M6 ; .

¢) Tam gidac ABC khong th. Tinh céc goe cuatm g
Iy

52A+2v2¢cos B +2 J2cosC =3 (kndid- '”_.

e

d)

‘i
"'"3-'13
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T cudng: HAM SO LUQGNG GIAC

1.GOC VA CUNG LUQNG GIAC

- N!!‘j"l AI-
Bai I: Péi s6 do cdc gbc sav dl}' ra dn . phiit

o= &35 p-=2n/3 ; Y5 1/2 §=>5n/1
Bai2: Erm 56 do céc cung sau iy ra radian :

a = 22°30° p=15° y=102°12'

i 3:Trén dudng trdn dinh huing goc A , xdc dinh cdc diém B, va B, sao cho S¢ AB, va
od ﬁB; 14 :

" . 5 4 = 3 -
a) 3 V& (§ 41) b) 5 vé (3 -m) G- Fva % d) 2% va & 11_ )
¢) - 43° va (-45% - 540°) () 120° va ( 120° - 720°)

Biid: Teén duting tron djnh hdig tdm O goc A |, xde diph cde tia OB sao cho gig dinh
bt Ing ( OA, OB)1a : ¥

2 1357 1) 270° ;o) & 4 )2 g) =2
SR 3

*Nhdm B
Ba! 5:Trén dudng tron dinh hudng géc A cho rurde géc o
i) X4c dinh cdc diém B sao gho: ¥
a) AB = o +k2n . b) AB = o+ kn chﬁzuir—Jif;ﬂ-
v § k:!;q My _
d)Al]:(Ille' €) =+ I"]IAB:{I-'P %—*
k211
u} Nhin xét gwé cic dl&m B cho bdi ﬂB o+—— (k ed;ne@
Bal 6:1'rén dudng trdn dinh hudng goc A, Xdc dinhcdc di€ém B sao cho s8 do AB la: | Bai b
1) kn b) n/2 +kn c) -m/6 + knf3 d)5n/6 + k2n/3 '
3) -w/2 + K2n/3 £) 3n/d + kn/2 g) k2n/5 h) 7 + /3 Bai7:
2. HAM SO LUQNG GIAC ' Bai8:
*Nhom A: %
B ﬂl 1: Tinh cdc ham s6 lwegng gide khdc néu biét ; R :
a) Cos au 55 445, (270" < ¢ <360°) .. e ¢l .
3 *Nhon

b)Sina=513(n2<a<n)

v ] -
, k) . N Bai9: C
c)Tga=3(n<a<3n/l) mr i ’
d) Cotg 15°=2 + \f,_'.i | ¥ Bai 10:
Bai2: Tinh gi4 tri cdc biu thife : | N | a)

2sinx 4 COIgX ;

S ; = .2 ¢ o0 0
et neéu igx =-2( 90 <x < 180")




e

SiI°X 4+ JsinXcosx

2 g p néucotgx = 3
+C05 X JSINXCOSX -
g SOlgX + 19X )
C= néu sin x= 3/5
& —_ corgx - 1gx
i3
_| D = 510 X -CﬂS.lI s -
= néu tgx = 2

SINX 4 cOosxsin'x

Badi 3: Ching minh cic ding thifc sau :
1) Si°R + 12 X = ifcos X - cos’x

2 2 PR |
gx-snx= ‘g ®LiNn'x

-

208 X ¢ sin‘x L kg 1 (1 +c0lglxjf l/cos’x - 1)
C ) ToEeTT D =snxcos'x =%
cotg's, - 1'% 1+ '[gJR,

Bai4: CMR : Cde bidu thic s:u diy khong phy thude viox :

4 g Al bt J 3
1) A =¢os8'x + cos*xsin X + 8in°x b) B = cos’x - sin*x + 2sin’z
] I 4 colgx by i -
K (0 c)C = A d) D = Vsin'z +4cos’x + Vcos'x + 4sin’x
y 1 - corgx ex - |

*Nhom B
Bai 3: Clurng minh cdc ddng thic sau :
4y sin'x + Jcos*x + 3sin’xcos’x + sin"x =2

‘ho g5 dinh

by COSX psinxX -1 o 5 aBx ) COSX | +cotg’x
' cos'z +sin'x - 1 cosx +sinx  COSX - SiNX 1. corg’x
, Iﬂ. I—I
y JEX - sinx : sy | LSO [ 1 EBMX . o
sin’x COSX{ | +cosX ) Y1+sinx Y 1-sinx ]
(E<x <)
&
s ks : 2l
fn 2(l+tox jsinxcox +1 - 2(1 4 cotgx ’Sm_lﬁﬂx 1 - cos’x - sin'x
j -
\ 1 +18X) ( 1 +cotgx)
. . 2 . 3
2)(tgx-sinx P +( 1 -cosx )’ =( llcosx - 1)
- T | 2 1 +COSX + siOX
4 d COS'X + 12°X SO .
@l )L 5 J':I - 2 3 D) 21gx + 1 inx = 1 +cosx - SiDX
| 05X . cotg + si +COSX -
| + CosX.cOlgR’ ¥ IWTEGRE JUOLEN: | £ _.
) do AB 14; Badi 6t Cho sinx . cosx =m . Tinh :
- & 4
A3 a1 3inx + cOsX b)sin'x +COs X
L+ onf)

Bai 7: Cho sinx + cosx = . Tiah

+ ® ]
1) SiNXCOsX b) siix - cOsSX C)IgX + W‘EJ’F .
Baig: Clufng minh cdc biéu riufe sau ddc ldp vai x ¢

T ) T
d) sin'x +cos'Xx

—_ X s { 5
A=2sin’x +cos'x ) - Hsin X $¢cos X )
i ; ! 4 W
B =sin"x + cos®x - 2sin'x - cos’x Losin'X {
ol | 4 ; S 3 il i =
C = Asin's + cos'x s sinttcosix ) - ( iint ey >

: 1- 1 o & uike 4
D = sin®x + cos®x # 6sin‘zeos's + lsin'zcos ' x(sin’x +cos X ) + 1
*Nhiém C :
T 3 in® ind =0 o s 4 o jua?
&-LI-J_ Cha J SLOCL + 511‘1[: + 5109 Tinh A = sin*« + sin {3 +s5in° &

i | 3
sin“at + sin"B +sin' 6 =1

Bai 10:

L v 4+ Vi-¥

(Véi0=ye[-1.1)) .CMR : 2sinxcosx = ¥

e

— "-.
a) Chotgx = .
vVl 4+ ¥ -Nl-W




