oy

o Bai tap gidi tich & Hinh

331 3 : XéttinhchﬁlﬂABC
1/ Cho: S*— (@* +b’). Chti‘ngmmhtamgnﬁcABCvm'

2/ Cho: a(c.:ugE - tgA) = b(igB - cotg—- ) Chﬁ‘ngmmh

B 2a+cC :
B Ching minh AABC cn.
me J;a +c? |

abc

b i

2°cho: |b a sb _Chitng minh A ABC déu.

1
cosA.cosB=—
4

S/ Cho: (a* +b%) sin(A - B) = (@* - b%). sin(A +B) :
A ABC vudng hodc cin. S,

mamewe
BrmEa
R

@©  Phudng trinh lWgng gidc cd bin
Bail: Gidiphwong trinh : '\_-‘"__:"
1) mn(2x+“) V3 2) cof dx-Xlo
by 3) "8
3) 1 5(-3— -—2x) 1

5)

$in2x . 4cosx = () 6) sin6x . sin?x — s
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q‘ﬁ'ﬁﬁﬂg Trung hoe Dan idp cdp 2 - 3 Nguydn KhuyEn «

g . — :11‘ |
~ BAi2: Gidi phwong trinh : W
b - \ g ek _
1 Si i-—-E - a E _._J.i
T )°°{3“4" 2
Ht 21——’5 =—i§~ 4) cot -.E =1
i 0 3 4
. Bai3: Gidi phuong trinh
:. ¥ _\
1) sin(x + E) = COSX 2) 00{2:( B sinx
3 3)
\
3) COSX = -Siﬂ(E -— I) 4) cotg(E -X |=-1gx
: 3 $% L M
Bai4 : Gidi phuong trinh
b 2x108
1gx . tg2x = -1 2) Bin—| = —
o -
sin’x - COs’X = cos4x 4) sin*2x - cos’x =0
cos’x + cos*x = 0 6)\ sin*x + sin’x = 0

1)) m52(1+—§)—-5i112[31+~g—) = 2cos5x +1=0

Phudng trinh béc nhit d6i vdi sin va cos ciia 1 cung

.

. Bail:_.Gidi phwong trinh :
L ()i Bem =43 @311:1 gk
- J6 -

3/ /3. cos2x +sin2x = 2 4/ cosx+sinx:-§—
E 5/ sinx - cosx = /3 6/ cosdx - sindx = -1
@ sin %{ + ms%Jii =1 8/ 3sinx +4cosx = 3

9/ 5cosx - 12sinx = -13 10/ 2sin3x + 3c0s3x = 6

\ \



Gidi phuong trinh :

|-‘:| Fas rl.. I. '.
. i il N B
LN -.". L
J A
I r
. | e
- k ._.' ...‘I i ¢
. v R
o
2/ 2sinx + COSX 3
+2cosx = 1 A o M
- _ |
L"\ .
l.:|; K
'1-:-'T| 1‘

3/ cmx+lg§ =1

-

§/ 4sinx - 2cosx = 6 6/ cos2x +tgx=1

@ Phudng irinh bic hai d6i véi mot ham s& lugng gidic

Biil: Gidi phwoug trinh SN ; }
1) 2sin’x - 3sinx +1 =0 Q}) 2c0s*X - 3C08X - 2 = 0
@x+(V3 - Digx-v3 =0

4) coig]x - (J3 + 1)cotgx - 2 - «,/5 =0
Bai 2: Gidi phuong trinh

1) sin’2x - 4cos2x = 5 2) tg'x + +2
cotgx %8
3) ¢bs*4x +4sindx -4 = 0 4) 2c0s2x +cosx=1 ¢ L
S g = 2 6) 2sin’x + (2 ++/3 )sinx +4 2
Bai3: Gidi phwong trinh | ?".‘s_lﬂ’%
l) Sin‘x = 9 'Siﬂlx o

- s N 2) sin‘x+doos’x=1 f

g x i Cﬂlg X=2 4) 00331 + 4{:03 q
3) ¢os3xX + 2cosx 13cosx - 14 = " | 4;:?'
6) sin3x + 3sinx - 6C0s’X + 2 = 0 ; ? ::

Baid4: Gidi phwong trinh A 2

i . "l_1lI'|' 4

1) sinx + COSX + 1 E - A
. 2 ’ 2) 2sin’x +cos’2x = sinx

3/ 2sin’x = cosx z
4) cos'x - cos2x + 2sin% =
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“ %
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5) sin’x-l—_lz =sinx+~:-1——¥
sin"X . sinx

@ Cécphudng trinh dang khéc

Bidil: Bié&n ddi cdc phuong trinh sau diy thanh dang tich s6 roi gidi :
1) cosx - cotgx + cosx =0 2) €os5X + cos3x + cosx = 0
3) sin2x + sind4x +8in6x =0 4) tgx +1g2x - tg3x =0
5) sinx +sin21 + sin3x = 1 + cosx + €c082x

~ Bai2: . Gidi cic phu'ﬂng trinh b c hai ddi vdi sin va cos cia mot cung :
3sin’x + 8sinx . cosx +4cos’x =0
2sin*x + 3c0s’x = 5sinx . cOSX

3) 4sin’x + 343 . sin2x - 2cos*x = 4
4) cos’x - V3. sin2x = 1 +sin’x
5) sin’4x = 3sindx . cosdx = 1
Gidi cdc phuong trinh d6i xdng, phin xi¥ng sau diy :
sinxX + Cosx - 2simx . cosx = 1

3(cosx + sinx) + 2sin2x +3 =0
6(cosx - sinx) +sinx . cosx +6 =0

4/ sin2x = 12(sinx + cosx - 1)
5/ sin’x - cos’x =

Bai 3 :

6/ sin’x +cos’x =1
; Bidid4: Gidicdc phuong trinh sau diy :
| 1/ cos’x +sin’x =0

2/ sin*x + sin®2x = sin*3x
3/ cos’x + sin'x = cosdx

4/ cos’x - sin*x = 1
5/ COS’X + COS°2X + cO§*3xX = %

6/ cos’x +sin’x = X sin?2x W sinX(1 + cosX) = 1 + COSX + COS X

8/ 2cosx - |sinx| = 1 gy Sin3x-sinx _

sin2x + cos2x
Jl-—-coszx _

vdi x € (0, 2m)
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g W g L
Pl
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o~ B2i tdp gidi tich & H]nh

U107 tg*2x . 1gt3x . 193X =

Gidi cdc
phdp dic biét.

1/ cosx+2cnsx+tgx+1_0

—1g"2x - 1g’3x + 1g5%

® Vaiphudng trinh dang dic biét

phwong trinh sau day bing cdch si dung nl

3
tg’ % - 21gX + cos™x + \/5 COsX +-2-

=0

21 Wttt © .
3/ cos*2x +sin’4x =0 4/ sin2x + Sin4x-:f_”j :'
5/ cosx +sin g = -2 6/ sin (1 * 5) .
7/ sinx + cosx = v2 (2 -sin®2x) 8/ cos'x + Sin’x = |
9/ (sinx + y/3.cosx).sin3x =2 10/ X’ - 2x.sinxy +
® Giai va bién ludn phudng trinh
1/ sin3x + m = msin3x 2/ 3tgx -m = (m+
3/ (m + 2)sinx + mcosx = 2 3

4/ msin’x +2(3m - 2)sinx +4m -3 = 0
X - 1)lg21~(m~3)tgx -m-3=0

HE_EHUQMME_GM

Hé phudng trinh hdng gidc mot &n s& (He phll’dllg

nghiém)

1) cos” x = cos” X
sin? x = sin? x

( n)
sinf x+ = | =}
: 4

Lsin 3x = 1

2 _
5y J4cos” x~3=¢
Zﬂnzx

3)

*Sﬁnl-l-z:g

smﬁx:-_()
2y 4 e
mlrl1"1'-~£sin 3x=0

ZCOSI-—J— 0

3tg X - (f+3)1@+f=@f .

s
) ‘:1':- 1

%

4)
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1
2
9) s0e’ A JY2-¥+% <1

10) Tim m dé€ bdt phwdng trinh v6 nghiém :

1
,.\f‘i;si‘n21+asin21 > m

k 'I,

@ Hé bt phudng trinh lvgng gidc mot dn

Gidi cdc hé bit phuong trinh :
-yir-.f'l) sim2x''2 0 @ | 2) 2sinx -3 2 0
cos2x 2 0 2¢cosx+v3 2 0
SinX = COSX
$3) tgx+«f— 320 ){
2sinx-1<0

(Tlich trong cudn Dé Thi Tuyén sinh Pai Hoc)

@ Tim c4c nghiém x € (0, 2n) cia phuong trinh :

i ~SiMX - .
sin 3x = sin 2X + COS82X

£ g ke S \(1--0052}1 :

1
08y = —
{Sﬂll .COSY = 4

"f(r.) Gﬂ: hé phwong trinh
gx=1gy

@) . Tim cdc nghiém X € (—2-,31'!5) cla phuong trinh :

7 :
Siﬂ(zx oo ?;,)_3(:0{ ---2-1—1:-)= 1+2Smx.



i o we Bai ﬂp qlﬂ “ch » m
0 " Gidi phuong tinh X m(2x
Ja(2sinx —1)= 4(sinx 1) - N

() Gidi phuong trinh: 2 o

a) 3cnsx+4‘“ﬂ ')’ 051+4sm1.+1

LRF
g
8 -'..-. IL 3 |
il "--1--- H
. k) .

- — + x -
b) 8sinXx ek %

R
¢) cus3x+J2-—cos23x =2(l+sm 21)
d) 2sm(3x+4) \F+35m23c03 2xX

e) 40032 x+3tg2x—-4£cosx+ 2J§tgx+4=0
f) lgz / s & Lg231 1g5x = lg2 2x - tgz 3x + tgS5x
3(cos 2x + cot g2x) |
cot g2x — cos 2x

~2sin2x=2

h) sin” 2x — cos®8x = s.n.n(}%‘rE + 101)

@) Cho phuong trinh

coszx-c0531u1

0052 X

Tinh lﬁpg cdc nghiém cia phuong trinh trén.

Cos2X — tgzx =

vdi xe1,70]

) Goi A, B. C1a 3 g6c cla mdt tam gisc. Bi&t ding
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O gid sit ABC Ia thin §lb thia didn kibn
| 2(a cosA +bcosB +ccosC)=a+b+c
- Chifag minh n6 13 tam gidc déu

Tam gidc ABC ¢6 cdc goc va cdc canh thda man hé thc

1+ cosB '
ity . Chitng minh ring ABC la tam giéc cfin.

sinB . f4q2_¢2
@ . Chétng minh ring tam gidc ABC la vubng hay cdn khiva chi khi :
acosB - bcosA = asinA - bsinB
(1 Chotam gifc ABC
a/ Hiy chi cdch dyng dié diém M { trong tam am gidc d6 sao cho
MAB = MBC = MCA
' b/ Dit MAB = o . Ching minh ring :
cotga = cotgA + cotgB + cotgC

. ({4 T dién SABC c6 gbc & dinh S déu vubng. DatSA =a, SB=b,
SC = ¢ . Chéng minh ; a*1gA = b’tgB = ¢'1gC
@ Tam gidic ABC c6 dic diém gi n€u bi€t: sin6A +sin6B +sin6C =0

-; (1) Chotam gidc ABC bdt ki. Chitng minh rdng t@a c6 dhg théc :

lg-é"th+l L 3 E-{- % tg-é-*l
| B - _g-z'gz ,lgz' 2
DH. Cong Poin

(@) ChoA, B, Cla ba gbc ciia tam giic ABC. Ching minh ring :

cos2A +cos?B + c0s2C + 4cosA . cosB . cosC +1 = 0
Hoc vién ki thudt mat ma

ol
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o Bi tap gidi tich & Hinh K

minh ring trong mo;AABCtaluﬁn ch: ey ?{_ i
i ) 4k (cos3A+coﬁ33+

cos’A+cos’B+cosC‘<§ Fae ’

PH. AnHin

' sn va di dé tam gidc ABC 1a
Chitng minh ring can va _
@ g O cin 1
théa mas hé thuc . pessy S

A HE
Rl
CP. Su pham !
- ¢' 4
. )
-
15

(3) Tam gifc ABC c6 : COs2A + cos2B + c0s2C = -1 .
tam gidc ABC 12 tam gidc vuong. i
n BH. quai

pe

(6) Ching minh ring néu cosB + cosC = t—’—-;;?- thi tam .'

o
B 7
St

e DH. Kién trl

(1) ChoAABC ¢6 cdc canh a, b, c va cdc géc A, B, 3

. e b c : ’ '_""-.:il .. N
Gid thift  —— 4 o : tne minh . A /

cosB  cosC  sinB.sinC Chimg =
tam gidc vudng, |

BH. DA Ndng
@) Gid s& a, b, ¢ lip lrgt 1a . ﬂ
ba canh d6i dién véi ba :

lam gidc ABC, thda min diéu kién : . v

2cos - coss = L. .bhte A

2 3- 2 a .Sm-i-

A cla tam gige ABC.

Tinh gﬁc

’-‘_"-'. .
BH. MJ - Dia chdl
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w Trdng Tmno Mﬂﬂn'llp cdp 2 - 3 NguyBn Khuy&n dgy .

i—t s -

msB.maC:l
(9) Tam gific ABC ¢6: 4
© SIS L.
2 @4 -bl —-c
a“ =
, a-b-c
Chéng minh tam gidc ABC déu.

PH. Ngogi ngid HA N

(0) Tam gidc ABC Ia tam gidc ginéu
(sin3A +sin3B+sin3C =0

* cosA.cosB= sin2%

PH. Ki€n tric HA N6i

Gidi phuong trinh :  cotgx - 1gX = sinx + cOsx ki
DH. Ngoai ngil H& NGi

@)
@ Giiipt: _ﬁ.(sinx+cosx):tgx+cmgx
)

PH. Cong Poan
Tim nghiém cdia phuong tinh : cos7x - V3. sin7x = —y2
7 i 6
théa man diéu kién #SE X< ‘:;E
. DH. Kinh 16 Quéc Dan
_ @ Gidi phudag trinh : ms4 -Z-—sin4 % =sin2x
| : PH Thiy sdn
g : . T 1 1
" Gidi phuong trinh lugng gidc : 2\5.5111(14-“ = —
| . q sinx COSX
| DHQG. Ha N6i
; CO8X
Gidi pt.: = | +si
15 s l1-sinx g
ol +2cosx =0 PH. Hué

l1+simx



o Bai tip gidi tich

& Hinh knong gian

e
3 S
I

sin 5x
5sinx

=]

17
; ' 3 3 3 '.4-
@ Gidi pt : 1 +sin"2X + €08 2X = Esm X

@9 Gidipt: 2tgx + cotgx = J_*’

sin 2x

@0) Gidipt: v1+sinx +cosx=0 BH. An Ninh
@) Gidipt: cos21+cus%-—2:0 BH. Thuang Mai
@_-Giﬁi pt: -I—cos4x+ e O B CD. Hai Quan
2 1+1gx 2
% Gidi pt : cos*x + sin’x = cos2x -
3x . X
\) COSX . COS— COS*E-“SID.K Sll—.SIl— = —

@ Gidi pt : 20053#.: sin3x
25 Gidipt: Sin3x +2cos2x -2 =(Q
@ Gidi pt: (1 - tgx)(1 + sin2x) = 1 +1gx

@D Gidipt: 4cos’x - cos3x ~ 6cosx - 2(1 + cos2x)

s ’ DH. Thdi Nouyén
@ Bhgc&_ch ddi bi€n 1 = tgx , gidi pt: sinx :iin2x1+§in3; i o
" BH. Y Duge TR.HCM

LY

#
@) Gidipt: S 2X+cos” 2 4

Lg(-’-t- . = = CO0§ 4x
4 g I+X]

DH. Giao Théng f

Hoc wén ky thuﬂ
DH. DA Ning

BH. T.?u Chanh K& To&n Hl

DH. Mb - Bin Chi

Ty

R

: 1 5
DH. Ngoai Thuong
8 N

- L ‘e

_...f :-.

'l:r

DH. X2y Dung



w- Trdng Trung hoc Dan 1ap l‘a 2-3 Nmﬂﬁ'.ﬂhwﬁn £
@,{ Giiipmmnhlm;iic: -

(Jl—-msx + Jmsx)cost = %sin 4x

BH. Bach Khoa Ha Noi

@ Gidi pt : (cos2x - cc:s-#,:»:):t = 6 + 2sin3x BH. An Ninh
@/Giiipl: JSmsx—cu521+25inx=0 PHSP. Ha K | 2
33) Gidipt: sin’2x . cos6x + sinx . cos’2x = -:- BH. Lam nghigp

@4) Gidi pt lwgng gidc sau :
sin’x + sin’2x + sin”3x = (sinx + sin2x + sin3x)’
Hoc Vin K¥ thult mit mé

@ Gidi cdc pt lugng gidc sau :
/sin'2x+cns.2!=%

/ (sinx+3).sin4§—(sinx+3)sin2 }54—1: 0

(cosdx »cos2x)’ = 5 + sin3x
il Hoc Vién Quan Y

36 Gidi bt phwong trinh :
200s2X + sin’X . COSX +sinx . cos’x > 2(sinx + COsX)

PHQG. TP.HCM
@ Tim cédc gif tri cda x € (0, 2n) sao cho : cosx - sinx - cos2x > 0
DH. Dugc Ha Noi
| 3
SinX +COsy = —
@E__Giiihetho'ngphm;tﬂnh: i Bt
COs“ X + sin y:z 3

PH. Hang Hai




. o Baitpgidi tich & Hinh knong g

A ﬁ COSX = 1+ COSY R ':r: ' :
B9 Gidihe phwong tinh: 3 o - siny DHSP. Vit

cos> x —cosx +siny=0

@ Gidi hé pt:

sm3 y—siny -+ COSX = 0 E
o, Noos ol n e TP,
@y Vi gui tri ndo ciia m thi phu’dng trinh Sau 6 nghiém :

(m” - 3m + 2)cos x =m(m - 1) L
o BH. Vi H6a Ha NG
@) Timm dé ptsau c6 nghiém : cos2x + (m + 1)sinx +m = _ﬁ 8

@ Tim cdc gid tri cia tham 56 m d€ phuong trinh sau d‘ﬂ‘yd
4(sin‘x + cps *X) - 4(sin’x + cos’x) - sin’4x =

.@ Cho phnfong trinh : »-€0s°X +sin’x = ksinX . cosx
a/ " Gidi pLVGi k= 2

b/ Vi gid ujpao cia k thi phu't:lng trinh 6 nghiém.

P BH. Kitn triie H _'
@ Cho phlrdng tﬁnh cos4x = cos*3x + asin®x *i

V/ Bﬁng cdch dﬁ; bién.i1 = gidi Phlfdls
= cos2x , hi
khia =1~ " oo e

2/ Xﬂcdmhtham s6 a A€

- Mholag ( x
12

phuadng trinh di cho c6 ngh

nipft A1) eis . :}

@6 Cho ptmng iinh hiong gigc - 8. 112

xac‘hﬂh'ﬁﬁcglﬁmcﬁamm X smx.msx—mx-:_

cac nghiém cda ng khi m = .3
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- Trdng Trung hoe DAn idp cdp 2 - 3 Nguydn Khuyén « - 25 .
@ Cho phuong teinh :  4cos’x.sinx - 4sin*x.cosx = sin’4x + m (1'). 9

1/ Bi€trdng X =7 12 mot nghiém cia (1) . Hiy gidi phuong
~ trinh trong trwdng hap dé.

2/ Cho biét x= -g 1a mot nghiém cda (1). Hiy tim 1 cd

cdc nghiém cida pl:m'dng trinh (1) théa mdn : x*-3x* +2 = 0
DHQG. TPHUM

@ Cho ham s6: f(x)= Jsin4 X+cos” X~ 2msinx . cosx
Tim céc gid tri cla m d€ £(x). Xdc dinh v6i moi .
PH. Ngoai Ngu ha NGi
@9, Ching minh ring bat pt : sinx (cos’x + sin2x) + sin3x < 9cos’x

: T
dugc théa v4i mol X € [0, 5]

PH. Y Dugc TP.HCM




